The article focuses on simple identities found for binomials, their divisibility, and basic inequalities. A general formula allowing factorization of the sum of like powers is introduced and used to prove elementary theorems for natural numbers.
The notation and terminology used in this paper have been introduced in the following articles: [8] , [9] , [5] , [4] , and [2] .
From now on a, b, c, d, x, j, k, l, m, n denote natural numbers, p, q, t, z, u, v denote integers, and a 1 , b 1 , c 1 , d 1 denote complex numbers.
Let u, v be even integers. One can check that u − v is even. Let u be an odd integer. Let us consider k. Observe that u k is odd. Let k be a positive natural number and u be an even integer. Let us observe that u k is even. Now we state the propositions:
2 . The theorem is a consequence of (2).
(5)
. The theorem is a consequence of (8) .
. The theorem is a consequence of (9) and (10).
theorem is a consequence of (6).
. The theorem is a consequence of (5).
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. The theorem is a consequence of (1) 
The theorem is a consequence of (14).
The theorem is a consequence of (21).
The theorem is a consequence of (30).
The theorem is a consequence of (33).
The theorem is a consequence of (21), (34), and (1).
The theorem is a consequence of (34).
The theorem is a consequence of (32).
The theorem is a consequence of (35) and (34).
(39) If a b and c n − b n = a n , then gcd(c − b, a n ) = c − b and gcd(c − a, b n ) = c − a. The theorem is a consequence of (6) and (33). 
The theorem is a consequence of (32). (50) 2 3+m + 2 3+m < 3 3+m .
